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A New 6-DOF Haptic Device for Teleoperation
of 6-DOF Serial Robots

Minh Hung Vu and Uhn Joo Na

Abstract—A new 6-DOF parallel haptic device is developed and
presented in this paper. The haptic device consists of two 3-DOF
parallel structures connected with a steering handle. The design
satisfies requirements of low inertia, quick motion, large orienta-
tion angles, and large applied torques. Kinematics for position and
differential motion is analyzed for the 6-DOF haptic device. Static
force relation between the user force and motor torque is also
analyzed and implemented on the controller. The control system
for the teleoperation of 6-DOF serial robot is developed. The closed
loop impedance force control system is analyzed and realized
on the digital controller. Tele-operation of a 6-DOF serial robot
using this haptic device is demonstrated. Experiments show that
dynamic forces caused by the haptic device are well compensated
with the closed loop force control.

Index Terms—Force control, haptic control, haptic device, hap-
tic interface, master-slave control, telerobotics, tele-operation.

NOMENCLATURE

Fc Torque/force vector to generate motion of handle
Fe Contacting torque/force vector from environment
Ff Torque/force vector from user’s hand
Kh(s) Haptic force controller
Kr(s) Robot position controller
L Force transformation matrix between upper and lower

end effectors to center of steering handle
xh Position and orientation vector of haptic device
xr Position and orientation vector of robot
Ze Environment model
Ẑh Haptic device dynamics
Zr Robot dynamics
Zu User’s hand model
τc Joint torque vector of haptic device
τh Total torque vector of haptic device motors
τm Torque of haptic device motors from control output
τu Torque of haptic device motors from user’s hand
τt Joint torque vector of upper structure
τb Joint torque vector of lower structure
θh Active joint angle vector of haptic device
θr Joint angle vector of robot
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I. INTRODUCTION

HAPTIC INTERFACES have become active research
area since the computing power of the processors has

increased rapidly. Haptics applications such as games, multi-
media, computer interaction, education and training, and tele-
operation require a particular haptic device structure for various
purposes. For example, art graphics on computer requires an
accurate haptic device but small feedback forces, while 4-D-
film simulators do not require accurate haptic devices but large
feedback forces.

Typically the mechanism of haptic devices is divided into
serial structures and parallel structures. Serial haptic de-
vices such as PHANToM Premium, PHANToM OMNI and
VIRTUOSE 6D [1]–[3] have open kinematic structures such
that they usually provide a large workspace but show lack of
strength and compactness, while parallel haptic devices have
closed kinematic structures such that they provide a smaller
workspace but show strength and precision. The workspace,
maximum force/torque and resolution of position for a spe-
cific application should be considered in design of haptic
devices [4], [5].

The 6-DOF parallel haptic devices are often composed of
three or six legs. Six-legged 6-DOF parallel structures provide
high strength, compactness and precision but their workspace
and orientation are small [6]. Three-legged 6-DOF parallel
structures provide simple and light interfaces. Their orientation
and workspace are improved since each leg often consists of
at least two links. However, the resolution and precision of
movements as well as strength are reduced [7]–[9].

Parallel haptic devices with legs and a moving platform
typically provide small orientation due to the kinematic con-
straints between legs and a moving platform. Workspace of
orientation for parallel haptic devices can be improved when
the moving platform is replaced with a handle (or stylus).
All legs are then divided into two groups connected to each
end of the handle. Lee et al. [10] proposed a new 5-DOF
haptic device which has five legs connected with a stylus. Each
leg is controlled by a prismatic actuator to change its length.
This design provides a light interface and large workspace.
Stocco et al. [11] developed a 5-DOF haptic device which has
four legs attached on two rotational moving frames. Two groups
of legs are connected to each end of handle (or pen) through a
universal joint. This haptic device provides three translations
and two rotations. However, the change of orientation affects
the position (coupling). This design has four motors on the
moving frames so that it limits the size of motors and increases
inertia effect of the device.

0018-9456/$26.00 © 2011 IEEE



VU AND NA: NEW 6-DOF HAPTIC DEVICE FOR TELEOPERATION OF 6-DOF SERIAL ROBOTS 3511

Teleoperation using a haptic device is emerging and attract-
ing researchers [12]–[14]. Tele-operation is particularly useful
to handle remote objects in hostile environments or in a special
environment such as minimal invasive surgery. The teleopera-
tion in the virtual environment is also useful for training before
it is tested in the real environment. Gupta et al. [15] developed a
real teleoperation system of anthropomorphic robotic arm with
gripping force sensing using bilateral master-slave method.
Typically there are four different master-slave systems such as
position-position, position-force, force-position and force-force
systems [16].

The position-force bilateral method is often used in teleoper-
ation systems. The master devices generate motions for slave
devices and receive feedback forces from the environments
[17], [18]. Ando et al. [19] presented a full teleoperation control
block in a real environment. Impedance force control and ad-
mittance force control are two force control techniques used for
teleoperation of haptic devices. Impedance control is used for
low friction and light structures [20] while admittance control is
used for structures designed with gear systems [21]. Wen et al.
[22] showed that the open loop impedance control produces
10% of force errors. The closed loop impedance control may
improve the force performances. The full linear models of
teleoperation system including haptic impedance, environment
impedance and user’s hand impedance are introduced to ana-
lyze the stability and performance of the controllers [23].

Teleoperation of slave robots using haptic devices should
satisfy two main objectives; position control of the slave robot
and accurate force sensing from the environment. For the
position control the haptic device should provide the real-time
trajectory commands for the slave robot to tract. Workspace
of the haptic device should be properly designed to cover that
of the slave robot. Detecting accurate contacting forces from
the environment may present a difficult design problem. The
user should feel actual forces from the environment not those
of the structure of the haptic device. This implies that the
haptic device should have lowest possible inertia and frictions
to reduce the undesired forces from haptic dynamics. The
undesired dynamic forces from the haptic device may also be
compensated with the closed loop force control.

This paper extends the preceding works of 6-DOF haptic
device [24]. A new 6-DOF haptic device is designed based
on the criteria of low inertia, large workspace with large
orientation angles, big static forces, and high stiffness. This
new design has some advantages over the preceding works of
5-DOF haptic pen [11]. Kinematics for position and differential
motion is analyzed for the 6-DOF haptic device. Teleoperation
of a 6-DOF serial robot using this new 6-DOF haptic device is
presented. The closed loop impedance force control of haptic
device including user’s hand impedance is analyzed and real-
ized on the digital controller.

II. NEW 6-DOF HAPTIC DEVICE

A new 6-DOF haptic device is designed and shown in Fig. 1.
The designed 6-DOF haptic device utilizes two 3-DOF parallel
structures similar to the 3-DOF Delta structure [25]. Each
3-DOF structure is connected to each end of the handle to

Fig. 1. New 6-DOF haptic device.

Fig. 2. Test rig of the new 6-DOF haptic device.

provide 5-DOF motions. The handle provides one more DOF
of twist motion to make a 6-DOF haptic device. The test rig of
the new haptic device is shown in Fig. 2. This haptic device has
six legs controlled by six gearless DC motors fixed on the base
frame. Each leg is made of hollow aluminum to meet the low
weight requirement. Two weight balances are attached on the
back extension of the two middle legs to minimize the effect of
gravity. Each leg is composed of two links connected by two
2-DOF revolute ball bearing joints such that one revolute joint
connects two links while the other revolute joint connects the
link to the end effector.

These two 3-DOF parallel structures are divided into the
upper structure and the lower structure. The end effectors of the
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Fig. 3. Shortest length (left) and longest length (right) of steering handle.

Fig. 4. Rotation about X-axis (left) and Y-axis (right).

upper and lower structures are connected to a steering handle
via universal joints. Two 3-DOF force sensors are attached on
the end effectors to measure the applied forces exerted by the
user. The steering handle shown in Fig. 3 connects the upper
and lower end effectors. The steering handle is designed to
generate linear displacements when rotated, which gives the
haptic device one more DOF of twist motion. The handle is
assembled with the left and right lead screws so that the rotation
of the handle leads to the linear movement of the screws at
both ends.

Two universal joints are used to connect the lead screws to
the upper and lower end effectors. The twisting rotation of
the handle thus leads to the change of positions of the upper
and lower end effectors. Fig. 3 shows that the handle can be
extended linearly up to the limit (60 mm) for the 360◦ of
rotation (γ).

The new haptic device provides large orientation angles to
match up with the orientation workspace of the slave serial
robot. The lengths of links are designed such that the haptic
device may generate big enough rotations about three axes. The
orientation angle α about X-axis and angle β about Y-axis in
the handle fixed coordinate are demonstrated on the test rig
in Fig. 4. The maximum angles of α and β are up to ±90◦.
The orientation and position of the center of the handle are
completely decoupled so that maximum orientation angles may
be realized while the position is kept.

Fig. 5. Coordinate systems of the 6-DOF haptic device.

Since all six motors are fixed on the base frame, torque
capacity of all motors can be freely selected while weights and
inertias of the moving frame may be minimized. The designed
haptic device can provide forces up to 30 N and torque up to 2
Nm. These are big enough values for the serial robot contacting
with high stiffness environments.

III. KINEMATIC ANALYSIS

A. Forward Kinematics

Forward kinematics is analyzed to determine the position and
orientation of the center of the steering handle. Three different
coordinate systems are used for forward kinematics; local leg
coordinates Oiuiviwi, the upper base coordinate A1x1y1z1

and the lower base coordinate A2x2y2z2, and the global base
coordinate OXY Z. The coordinate systems and dimensions of
the 6-DOF haptic device are shown in Fig. 5 and Table I.

Joint angles of the leg 1 are defined on the local leg coordi-
nate (O1u1v1w1) as shown in Fig. 6. Similarly joint angles of
each leg, θ1iθ2i and θ3i, are defined on the local leg coordinates
(motor coordinates) Oiuiviwi to determine the local leg posi-
tion vectors

−−→
OiPi. Joint angles θ1i are measured from Oiui axis
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TABLE I
PARAMETER OF NEW 6-DOF HAPTIC DEVICE

Fig. 6. Coordinate systems of the local leg coordinate.

to OiMi line. Joint angles, θ2i and θ3i are measured from the
extended line of OiMi to the interaction of the vertical plane
included MiPi and the Oiuivi plane, and from the interaction
line to MiPi, respectively.

The local leg position vectors
−−→
OiPi for six legs satisfy the

vector equations

−−→
OiPi = −−−→

OiMi + −−−→
MiPi. (1)

Six leg equations for the position
−−→
OiPi (i = 1, . . . , 6) are

derived from (1)

−−→
OiPi =

⎡
⎣ Pui

Pvi

Pwi

⎤
⎦=

⎡
⎣L1i cos θ1i + L2i cos θ3i cos(θ1i + θ2i)

L1i sin θ1i + L2i cos θ3i sin(θ1i + θ2i)
L2i sin θ3i

⎤
⎦ .

(2)

The position vector of the upper end effector defined on
A1x1y1z1 is A1E1 = [x1 y1 z1]T . The upper local leg position
vectors

−−→
OiPi (i = 1, 2, 3) are converted to the upper leg position

vectors OiPi defined on the upper base coordinate A1x1y1z1 by
the coordinate transformation matrix Ti

OiPi = Ti
−−→
OiPi (3)

where

T1 = T2 =

⎡
⎣ 1 0 0

0 1 0
0 0 1

⎤
⎦ , T3 =

⎡
⎣ 1 0 0

0 0 1
0 −1 0

⎤
⎦ .

The position vectors, A1Pi (i = 1, 2, 3) then satisfy a vector
equation defined on the upper base coordinate A1x1y1z1

A1Pi = A1Oi + OiPi = A1E1 + E1Q1 + Q1Pi. (4)

The position vector A1Pi are then expressed as

⎡
⎣ 0
−a
0

⎤
⎦ +

⎡
⎣ 1 0 0

0 1 0
0 0 1

⎤
⎦

⎡
⎣ Pu1

Pv1

Pw1

⎤
⎦

=

⎡
⎣x1

y1

z1

⎤
⎦ +

⎡
⎣ 0

0
h

⎤
⎦ +

⎡
⎣ 0
−d
0

⎤
⎦ (5)

⎡
⎣ 0

a
0

⎤
⎦ +

⎡
⎣ 1 0 0

0 1 0
0 0 1

⎤
⎦

⎡
⎣ Pu2

Pv2

Pw2

⎤
⎦

=

⎡
⎣x1

y1

z1

⎤
⎦ +

⎡
⎣ 0

0
h

⎤
⎦ +

⎡
⎣ 0

d
0

⎤
⎦ (6)

⎡
⎣−b

0
c

⎤
⎦ +

⎡
⎣ 1 0 0

0 0 1
0 −1 0

⎤
⎦

⎡
⎣ Pu3

Pv3

Pw3

⎤
⎦

=

⎡
⎣x1

y1

z1

⎤
⎦ +

⎡
⎣ 0

0
h

⎤
⎦ +

⎡
⎣−d

0
0

⎤
⎦ . (7)

Equations (5)–(7) are reformulated as

⎡
⎣ L21 cos θ31 cos(θ11 + θ21)

L21 cos θ31 sin(θ11 + θ21)
L21 sin θ31

⎤
⎦

=

⎡
⎣x1 − L11 cos θ11

y1 − d + a − L11 sin θ11

z1 + h

⎤
⎦ (8)

⎡
⎣ L22 cos θ32 cos(θ12 + θ22)

L22 cos θ32 sin(θ12 + θ22)
L22 sin θ32

⎤
⎦

=

⎡
⎣x1 − L12 cos θ12

y1 + d − a − L12 sin θ12

z1 + h

⎤
⎦ (9)

⎡
⎣ L23 cos θ33 cos(θ13 + θ23)

L23 sin θ33

L23 cos θ33 sin(θ13 + θ23)

⎤
⎦

=

⎡
⎣x1 − d + b − L13 sin θ13

y1

−z1 + c − h − L13 sin θ13

⎤
⎦ . (10)

Three leg equations for the upper structure are firstly derived
and solved to find the position of the upper end effector.
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The sphere equations of three legs are obtained by summing
squares of scalar equations in (8)–(10) as

L2
21 =x2

1 + y2
1 + z2

1 + 2[A1x1 + B1y1 + C1z1]
+ A2

1 + B2
1 + C2

1

L2
22 =x2

1 + y2
1 + z2

1 + 2[A2x1 + B2y1 + C2z1]
+ A2

2 + B2
2 + C2

2

L2
23 =x2

1 + y2
1 + z2

1 + 2[A3x1 + B3y1 + C3z1]
+ A2

3 + B2
3 + C2

3 (11)

where

A1 = − L11 cos θ11, A2 = −L12 cos θ12,

A3 = − d + b − L13 cos θ13

B1 = − d + a − L11 sin θ11,

B2 = d − a − L12 sin θ12, B3 = 0
C1 =h, C2 = h, C3 = −c + h + L13 sin θ13.

The first plane equation is obtained by subtracting the first and
second sphere equations of (11). Similarly the second plane
equation is determined by subtracting the second and third
sphere equations of (11)

A12x1 + B12y1 + C12z1 + D12 = 0
A23x1 + B23y1 + C23z1 + D23 = 0 (12)

where

A12 =2(A1 − A2), B12 =2(B1 − B2), C12 =2(C1 − C2)
D12 =A2

1 − A2
2 + B2

1 − B2
2 + C2

1 − C2
2 − L2

21 + L2
22

A23 =2(A2 − A3), B23 =2(B2 − B3), C23 =2(C2 − C3)
D23 =A2

2 − A2
3 + B2

2 − B2
3 + C2

2 − C2
3 − L2

22 + L2
23.

The two plane equations of (12) determine an interaction line as{
z1 = a1x1 + b1

y1 = a2x1 + b2
(13)

where

a1 =
B12A23 − B23A12

B23C12 − B12C23
, b1 =

B12D23 − B23D12

B23C12 − B12C23

a2 =
A23C12 − A12C23

B12C23 − B23C12
, b2 =

D23C12 − D12C23

B12C23 − B23C12
.

Inserting an interaction line of (13) into the first sphere
equation of (11) leads to

L2
21 =x2

1 + y2
1 + z2

1 + 2[A1x1 + B1y1 + C1z1]
+ A2

1 + B2
1 + C2

1

=x2
1 + (a2x1 + b2)2 + (a2x1 + b1)2

+ 2 [A1x1 + B1(a2x1 + b2) + C1(a1x1 + b1)]
+ A2

1 + B2
1 + C2

1 . (14)

Equation (14) is reformulated as

K0x
2
1 + K1x1 + K2 = 0 (15)

where

K0 = 1 + a2
1 + a2

2

K1 = 2a1b1 + 2a2b2 + 2A1 + 2B1a2 + 2C1a1

K2 = A2
1 + B2

1 + C2
1 + b2

1 + b2
2 + 2B1b2 + 2C1b1 − L2

21.

In general, if K2
1 − 4K0K2 > 0 then there are eight positions

for the end effector of upper structure

x1 =
−K1 ±

√
K2

1 − 4K0K2

2K0

y1 = a2x1 + b2

z1 = a1x1 + b1. (16)

The position vector of the lower end effector defined on the
lower coordinate system A2x2y2z2, A2E2 = [x2 y2 z2]T , can
also be calculated in the same manner. The positions of upper
and lower end effectors, E1 and E2, are transformed to the
global base coordinate system OXYZ as

⎡
⎣X1

Y1

Z1

⎤
⎦ =

⎡
⎣ 1 0 0

0 1 0
0 0 1

⎤
⎦

⎡
⎣x1

y1

z1

⎤
⎦ +

⎡
⎣ 0

0
A1A2/2

⎤
⎦ (17)

⎡
⎣X2

Y2

Z2

⎤
⎦ =

⎡
⎣ 1 0 0

0 −1 0
0 0 −1

⎤
⎦

⎡
⎣x2

y2

z2

⎤
⎦ +

⎡
⎣ 0

0
−A1A2/2

⎤
⎦ . (18)

The main end effector of the 6-DOF haptic device is located at
the center of the steering handle (E). The position of the center
of the steering handle is then calculated as

x =
X1 + X2

2
, y =

Y1 + Y2

2
, z =

Z1 + Z2

2
. (19)

Orientation angles of the steering handle,α, β, γ, are deter-
mined as

α=tan−1

(
Y1−Y2

Z1−Z2

)
, β=tan−1

(
X1−X2

Z1−Z2

)
, γ=C(l − l0)

(20)

where l =
√

(X1 − X2)2 + (Y1 − Y2)2 + (Z1 − Z2)2 is the
length of the steering handle, lmax = 0.20 m, l0 = 0.14 mC =
2π/(lmax − l0).

B. Inverse Kinematics

Six active joint angles of the haptic device can be determined
if the position and orientation of the main end effector are given.
First, the position of the upper and lower end effectors can be
calculated from the position and orientation of the main end
effector as

X1 = x + l tan(β)/ξ, X2 = x − l tan(β)/ξ

Y1 = y + l tan(α)/ξ, Y2 = y − l tan(α)/ξ

Z1 = z + l/ξ, Z2 = z − l/ξ (21)

where

l = γ/C + l0

ξ = 2
√

tan2(α) + tan2(β) + 1
.

Three active joint angles of the upper structure θu =
[θ11 θ12 θ13]T and three active joint angles of the lower struc-
ture θl = [θ14 θ15 θ16]T can be separately calculated in the same
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manner. Only inverse kinematics of the upper structure is then
analyzed to find three active joint angles of the upper structure.
Rotation angles, θ3i can be easily calculated by (2) as

θ3i = sin−1

(
Pwi

L2i

)
. (22)

Rotation angles θ2i can be obtained by summing the squares of
the three components in (2)

θ2i = cos−1

(
P 2

ui + P 2
vi + P 2

wi − L2
1i − L2

2i

2L1iL2i cos θ3i

)
. (23)

The joint angles θ1i can be determined from the first and second
components in (2)

θ1i =tan−1

(
−L2icθ3isθ2iPui+(L1i+L2icθ3icθ2i)Pvi

(L1i+L2icθ3icθ2i)Pui+L2icθ3isθ2iPvi

)
(24)

where cθi = cos θi, sθi = sin θi.

IV. STATIC FORCE ANALYSIS

Jacobian matrix of the 6-DOF haptic device is determined
from a combination of two Jacobian matrices of the upper
and lower structures. First, Jacobian of the upper structure is
analyzed. The closed position vector equations for each leg of
the upper structure (i = 1, 2, 3) are described on the global base
coordinate system OXYZ as

−−→
OE1 =−−→

OA1+−−−→
AiOi+

−−−→
OiMi+

−−−→
MiPi+

−−−→
PiQ1+−−−→

Q1E1. (25)

Differentiating (25) with respect to time leads to

d
−−→
OE1

dt
=

d
−−−→
OiMi

dt
+

d
−−−→
MiPi

dt
(26)

where

d

dt
(−−→OA1 + −−−→

A1Oi + −−−→
PiQ1 + −−−→

Q1E1) = 0.

Equation (26) can be rewritten by using rigid body dynamics as

VE1 = ω1i ×
−−−→
OiMi + ω2i ×

−−−→
MiPi (27)

where VE1 = [V1x V1y V1z]T is the translational velocity of E1

on the global base coordinate system. ω1i is the angular velocity
of the first link of each leg. ω2i is the angular velocity of the
second link of each leg. Applying dot product of

−−−→
MiPi on (27)

to eliminate ω2i leads to

VE1 ·
−−−→
MiPi = ω1i · (

−−−→
OiMi ×

−−−→
MiPi) (28)

where

ω1i = [0 0 θ̇1i]T ,
−−−→
OiMi = L1i[cθ1i sθ1i 0]T

−−−→
MiPi =L2i[cθ3i cθ1i+2i cθ3isθ1i+2i sθ3i]T (29)

and where

cθi = cos θi, sθi = sin θi

cθi+j = c(θi + θj), sθi+j = s(θi + θj).

Fig. 7. Force coordinate systems on the handle and the slave robot.

The relation between the translational velocity of E1, VE1,
and the joint angular velocity of the upper structure, θ̇u =
[θ̇11 θ̇12 θ̇13]T , can be obtained by substituting (29) into (28)
and reformulating (28)

VE1 = J−1
1 θ̇u (30)

where Jacobian matrix of upper structure J1 is defined as

J1 = J−1
θ1 Jx1

Jx1 =

⎡
⎣ cθ31cθ11+21 cθ31sθ11+21 sθ31

cθ32cθ12+22 cθ32sθ12+22 sθ32

cθ33cθ13+23 sθ33 −cθ33sθ13+23

⎤
⎦

Jθ1 =

⎡
⎣ L11cθ31sθ21 0 0

0 L12cθ32sθ22 0
0 0 L13cθ33sθ23

⎤
⎦ . (31)

Similarly VE2 = [V2x V2y V2z]T is the translational velocity of
E2 on the global base coordinate system. The relation between
the translational velocity of E2 and the joint angular velocity of
the lower structure θ̇l = [θ̇14 θ̇15 θ̇16]T is expressed as

VE2 = J−1
2 θ̇l (32)

where Jacobian matrix of the lower structure J2 is defined as

J2 = J−1
θ2 Jx2

Jx2 =

⎡
⎣ cθ34cθ14+24 cθ34sθ14+24 sθ34

cθ35cθ15+25 cθ35sθ15+25 sθ35

cθ36cθ16+26 sθ36 −cθ36sθ16+26

⎤
⎦

Jθ2 =

⎡
⎣ L14cθ34sθ24 0 0

0 L15cθ35sθ25 0
0 0 L16cθ36sθ26

⎤
⎦ . (33)

Force coordinate systems of the steering handle and the slave
robot are shown in Fig. 7. Two 3-DOF force sensors are
installed on the end effectors of upper and lower structures
at E1F1xF1yF1z and E2F2xF2yF2z . A 6-DOF force sensor is
attached on the end effector of the serial robot. The torque/force
of the handle Fu applied by users can be measured with two
3-DOF force sensors.
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The relationship between the torque/force vector of the han-
dle and force vectors at the upper and lower end effectors is
described as

Fu = LF12 (34)

where

L = L1L2,

L1 =

⎡
⎢⎢⎢⎢⎢⎣

0 −l/2 0 0 −l/2 0
l/2 0 0 −l/2 0 0
0 0 k 0 0 k
1 0 0 1 0 0
0 1 0 0 −1 0
0 0 1 0 0 −1

⎤
⎥⎥⎥⎥⎥⎦

,

L2 =

⎡
⎢⎢⎢⎢⎢⎣

cβ sαsβ −cαsβ 0 0 0
0 cα sα 0 0 0
sβ −sαcβ cαcβ 0 0 0
0 0 0 cβ sαsβ −cαsβ
0 0 0 0 cα sα
0 0 0 sβ −sαcβ cαcβ

⎤
⎥⎥⎥⎥⎥⎦

.

Fu = [Mx My Mz Fx Fy Fz]T is the torque/force vec-
tor described in the handle fixed coordinate and F12 =
[F1x F1y F1z F2x F2y F2z]T is the force vector in the upper
and lower end effectors. The upper and lower end effectors are
kinematically constrained to move only translational directions.
k is a gain represented the relationship between moment Mz

with respect to forces F1z and F2z. The value of k is obtained
by experiments. L1 denotes the relationship between the 3-DOF
forces at two end effectors and the 6-DOF torque/force of the
handle when orientation angles of α, β are equal to zero. L2

denotes the Euler angles between the handle fixed coordinate
system and the global coordinate system. Active joint torque
vector is defined as

τc =
[
τt

τb

]
(35)

where τt = [τ1 τ2 τ3]T and τb = [τ4 τ5 τ6]T .
The force vector at the upper and lower end effectors is

described as

F12 = Ĵhτc (36)

where

Ĵh =
[

JT
1 0
0 JT

2

]
.

Combining (34) and (36) leads to the relationship between the
torque/force vector at the handle fixed coordinate and the joint
torque vector

Fu = JT
h τc (37)

where the Jacobian is

Jh = ĴT
h LT (38)

Fig. 8. Test rig of teleoperation system.

Fig. 9. Schematic of the 6 DOF serial robot.

TABLE II
DH PARAMETER OF 6-DOF SERIAL ROBOT

The force coordinate of the contact force Fe fixed at the slave
robot has the same orientation as the handle coordinate since the
end effector of the slave robot should tract the steering handle.
The contact force Fe is measured from the 6-DOF force sensor
when the end effector of the slave robot contacts environment.

V. TELEOPERATION CONTROL SYSTEM

The teleoperation test rig shown in Fig. 8 consists of a
master device (a new 6-DOF haptic device), a slave robot
(a 6-DOF serial robot) and the tele-operation controller. Users
can manipulate the steering handle and apply forces/torques
(F/T) to generate movements. The serial robot used in this
teleoperation system has six revolute joints shown in Fig. 9 and
its DH parameters are shown in Table II.
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Fig. 10. Implemented teleoperation control system.

The teleoperation control system is shown in Fig. 10. The
teleoperation control system can be divided into two main
parts: position control of slave serial robot and force control
of master haptic device. Users can hold the handle of haptic
device and generate motions. The motions of the handle are
measured by encoders. These joint angles are used to calculate
forward kinematics of haptic device so that its trajectory is
determined. This trajectory is composed of three positions and
three rotations of the center of the handle. The slave serial robot
uses this trajectory to find joint angle commands, θrc through
inverse kinematics Gr. The error between the command, θrc

and feedback, θr joint angles is the input of position controller,
Kr(s). Its output is converted into voltage commands, Vr for
the robot’s motors. The rotations of robot joints determine
the trajectory of end effector, xr. There exist some tracking
errors because of robot dynamics. When the slave serial robot
is manipulated, its end effector may touch the environment
Ze. The contacting force, Fe, is mechanically transmitted to
the joints of robot through its transpose Jacobian matrix JT

r .
This force works as the external disturbances so it may reduce
tracking performances of the robot.

The user force Fu is the sum of the feedback force by the user
hand Ff and the command force Fc to generate movements of
the haptic device. When the user force is applied on the center
of the handle, it is converted to the forces F12 at the upper
and lower end effectors by the transformation matrix L−1. The
forces F12 are measured by two 3-DOF force sensors. The user
force Fu is also mechanically transmitted to the joint torque τu

by the Jacobian matrix of Jh.

The user manipulating the haptic device should feel actual
contact force from the environment not those of the structure
of the haptic device. Detecting the actual contact force from
environment by using a haptic device may present a hardware
design problem such as low inertia and frictions.

The closed loop force control can also be used to reduce
undesired dynamic effects from the haptic device. Teleopera-
tion system with the open loop force control and the closed
loop force control is shown in Fig. 11. For the open loop
force control the contact force Fe from environment is directly
converted to the motor forces τm. The user then may feel the
contact forces as well as undesired haptic dynamic forces due
to inertia, joint frictions, and gravity.

The closed loop force control implies that the force con-
troller Kh(s) is added to the control system. The inputs of
the controller are the force command Fe from the environment
and the measured force Fu on the haptic device. Additional
force sensors to measure the user force are then required for
the closed loop force control. The closed loop force control
system is analyzed to evaluate the performance of the controller.
The total torque τh to the motor joints of the haptic device is
described as

τh = τm + τu (39)

where τm and τu are motor torque and user applied torque,
respectively. The gain Km shown in Fig. 10 is a scale factor
to convert required motor torques into voltage commands such
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Fig. 11. Impedance force control for teleoperation. (a) Open loop force control; (b) closed loop force control.

that KmKth is equal to 1. The motor torque τm and the user
torque τu are calculated as

τm =J−T
h [KhFu − (I + Kh)Fe]

τu =J−T
h Fu (40)

where I is the identity matrix. Impedance model of the haptic
device is described as

τh = ẐhW−1
h Xh = ZhXh. (41)

Combining (39)–(41) leads to the force error equation

eh = Fu − Fe = (I + Kh)−1JT
h ZhXh. (42)

Equation (42) implies that the dynamic effects of the haptic
device can be reduced by increasing the controller gain of
Kh(s).

If controller gains are adjusted as high as possible, the user
should be able to feel free of dynamics during the free motion
with no external force and the user should be able to feel
the exact contacting forces during the contacts. However, the
system becomes unstable if high control gains are selected [23].
For open loop control with Kh(s) = 0, the force error leads to
exactly the same as the haptic dynamics

eh = JT
h ZhXh. (43)

Impedance models of the environment and user hand are
expressed as

Fe = ZeHrXh

Ff = ZuXh

Fu = Fc − Ff . (44)

The closed loop impedance at the haptic device is calculated
when (44) are inserted into (42)

Xh

Fc
=

1
ZeHr + Zu + (I + Kh)−1JT

h Zh
. (45)

The closed loop impedance implies that the dynamics of the
haptic device can be reduced by adjusting the control gain of
Kh(s). The force control law for the teleoperation system is
selected as a simple PID control

kh(s) = kp + kds + ki/s. (46)

The force controller for the 6-DOF haptic device is then de-
scribed as

Kh(s) = diag ([kh, kh, kh, kh, kh, kh]) . (47)

VI. EXPERIMENTS

The closed loop force control algorithm using a conventional
PID controller was developed and implemented on the digital
controller. The closed loop control for free motions of the
haptic device was first tested to evaluate the reduction of
disturbance forces such as frictions, inertia and gravity. No
contact force from the environment (Fe = 0) is applied during
the free motion. The proportional-derivative-integral control
gains of kp, kd, ki were selected to be 1.2, 0.0011, and 0.36,
respectively.

The open loop control for free motions of the haptic device
was also tested. The open loop control of the haptic device
for free motions means that the haptic device is mechanically
manipulated without any motor control. The measured user
force Fu for open loop control of free motions is considered
to be purely the dynamic forces caused by the haptic device.
Shaking motions of the steering handle were generated for the
closed loop force control of free motions. Very much the same
shaking motions of the steering handle were also generated for
the open loop force control of free motions. The trajectories of
the steering handle for both the closed loop control and the open
loop control are shown in Fig. 12. The user applied forces Fu

for both the open loop control and the closed loop control were
measured and compared as shown in Fig. 13.

Fig. 13 shows that the amplitude of the user force for the
closed loop control is reduced by more than 60% compared to
that for the open loop control. This implies that the dynamic
forces caused by the haptic device can be reduced by the control
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Fig. 12. Trajectory comparisons of haptic device in free motions.

Fig. 13. User applied force comparisons of haptic device in free motions.

actions of the haptic motors. It is also interesting to see that the
static force components of gravity for the open loop control in
Fig. 13 are eliminated when the closed loop control is applied.

This means that the integral controller may compensate static
forces of gravity. However, increasing control gains of kp, kd, ki

resulted in more vibrations.
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Fig. 14. Trajectory responses in open loop force control for teleoperation.

The force control system for teleoperation including the
interaction with the environment was also tested. The position
control of the 6-DOF serial robot using the new haptic device
was performed to obtain the trajectory data of the robot ma-
nipulator. During the teleoperation the serial robot contact the
environment. The contact force Fe from the environment could
be compared with the user applied force Fu.

The open loop force control for teleoperation including the
interaction with the environment was tested when the force
controller of Kh in Fig. 10 was set to zero. The trajectory
xr of the slave robot was compared with the trajectory xh of
the haptic device for the open loop force control as shown in
Fig. 14. The trajectory of the serial robot was well matched
with that of the haptic device. There exist some trajectory errors
between the slave robot and the haptic device since the contact
force from the environment was applied at about 12 seconds
after recording data. The contact force works as static force
disturbances to the slave robot. Measured forces for the open
loop force control are shown in Fig. 15.

The user applied forces Fu of the haptic device sensed from
the 3 axis force sensors were compared with contact forces
Fe sensed by the 6 axis F/T sensor. In Fig. 15 there exists
substantial amount of force errors between the user applied
forces and the contact forces largely due to the friction, gravity
and inertia. These force errors implies that dynamic forces
from the haptic device as well as the contact forces were felt
by the user.

The closed loop force control for teleoperation including
the interaction with the environment was tested when PID

controller of Kh was applied. The trajectory xr of the slave
robot manipulator and the trajectory xh of the haptic device for
the closed loop force control are shown in Fig. 16.

The user applied forces Fu of the steering handle could
track the contact forces Fe from environment well as shown
in Fig. 17. This implies that the dynamic forces caused by
manipulating the haptic device were also well compensated by
the control actions of the haptic motors.

However, the closed loop force control produced some noise
in forces because of the control actions and noise from the force
sensors.

VII. CONCLUSION

A new 6-DOF haptic device is designed and analyzed. This
haptic device has some unique features over previous designs.
The designed 6-DOF parallel haptic device utilizes two 3-DOF
parallel structures connected to each end of the steering handle
by universal joints to provide 5-DOF motions (X,Y,Z, α, β).
The steering handle provides one more DOF of twist motion
(γ), since it is assembled with lead screws so that the rotation
of the handle can be converted to linear motion. This parallel
haptic device provides light moving frame and high stiffness
so that quick motion may be obtained with large static forces.
Since all six motors are fixed on the base frame, torque capacity
of all motors can be freely selected while weights and inertias
of the moving frame may be minimized. The new haptic device
has unique six legged structure such that it provides large
orientation angles. The orientation angle α about X-axis and
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Fig. 15. Force responses in open loop force control for teleoperation.

Fig. 16. Trajectory responses in closed loop force control for teleoperation.

angle β about Y-axis in the handle fixed coordinate are up
to ±90◦. The twisting orientation angle (γ) by the steering
handle is up to ±180◦. The orientation and position of the

center of the handle are completely decoupled so that max-
imum orientation angles may be realized while the position
is kept.
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Fig. 17. Force responses in closed loop force control for teleoperation.

The kinematics for position and differential motion is devel-
oped for this 6-DOF haptic device. Jacobian and static force
analysis is also presented to define the relation between the
applied forces and motor torques.

Teleoperation control system of a 6-DOF serial robot using
this new 6-DOF haptic device is constructed and realized on
the digital controller. The closed loop force control system
is designed and analyzed. Error analysis of the closed loop
control system shows that undesired dynamic forces caused
by haptic device can be reduced by increasing the force
controller gain.

The tracking performances of the slave robot and measured
user forces and contact forces for the closed loop force control
are compared with those for the open loop control. When the
open loop force control is applied, some force errors between
the applied forces and the contacting forces were produced.
These force errors could be significantly reduced when the
closed loop force control is applied. The user applied forces
of the steering handle could track the contact forces from
environment well. However, the closed loop force control is
susceptible to noises in control forces because of the control
actions and sensor noises. The closed loop control also re-
quires an additional costly force sensor for measuring the user
applied force.

Future works for teleoperation using haptic devices are de-
voted to the dynamic analysis of the 6-DOF parallel haptic
device and the stability analysis of the teleoperation control
system.
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